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Lemma 1.11. Let F be an affine curve.

(a) If K is algebraically closed then V (F) is infinite.
@If K is infinite then AZ\V (F) is infinite.



Berowtlc Theordm  Let F ond G be Jrojective Cuavves Withowt  (ornumon rorent

wer an infinite ield K. Ten = Mp(Fa)e degF-deg& (epality hofhs f
oo m(g&bfﬂco\({\/ ((okec]
B Siae [ [ idfine then A% \(FA6)E infinite . 2 a point B inthe affine
pavt %Eszlmn does not lle on F'VG . Mokper Fob finite . ne (@n

Fh(a a e[ throwgn & with  does 0P (nterCect FAG , Now we mak g

[JVOJQLffVQ 00rdi poite "QMV\Q[OMGﬁOt/‘ 5o that L begmes the @ ot ;VYrTFn ﬁ‘/\/

)

Then vierther F pgy G cw’(ain; the [ine at f,,\*[}nﬂy a8 a (,OV‘/\[)OI/]E’ht

e ﬂ@j Ti= déﬁ“,: Andl o(cy 6= deg €7, oned all nWtasedipu Plnits UT F oud
G (o (1 The aﬁ,‘ﬂe povt . (Thf// ome alSo witardertion PO f 2he affine
curves P omol G1)

Then ATF’\/ lepama | and (epypas o Clomd gl

S olf )= 2 AP &) 2 dim kDey]/ <HLET> <desFldy 61 = degFedeq
P&FA(;;P Féf‘f\b'r (emmer | (D [@mmz@ / 7 7

kugd (et K e a@ebmrca/l\/ tlosed then we have”="at

fhen /ﬂk/ lemma 2, wne hove “=" at (D



@ lLet T be o wviedug ple PVOJ%‘([UC’ v wikh ('V\’Hmf“fe&

Ww\y poits  oLRy @n migebm(c«(ly (ol fl'eloq oy al el((Pse oy b Pde b
listinet ot P--+ Py onF (et (on be thoughtt of as the (ertites
of a M@(mﬁom inscid in T ). Then Ve terectTon poivre vf 4he Pposi-te
edges of fne lexagon (eg. Pe P, A B O Py PP and

Pz Bp, N [?P, wWhere mo(@mofes te (ine ﬁ'\”"fjb‘ Pi and Ps) lie on o live

B Comicer 2 arrs = P v PPy U PPy owndl b= PV Daby b o
[ren \47 Boront  Threorem f’/veL/ feriect 9 pomte P,---Pe.D.a, R

p.‘dﬁ any pont CeF ot equa| to flne ?Veufomglj oo omes. Tlen T M Dw ek
not both ©. suclt that G= Gt MG Vanshes at § (Siwe aw)=o i

e I/lOV’\OﬂQV\QOULS linear eqation in L va/iabe M ) Then Foweek G Tn Pttt
Py--Ps, s omd So by Perout theomn, Thee > (el must Mol a (0uimon
COW[;OV\EV\‘(. As 0(6(5 F=2 O{t‘(’j (=2 omd F i weplugble, the omly f?oszf%r@/
—{\g\, iy v that G lontaing fmtfw F, ¢ G=F-L tov o line L

st P Qi e on b Since -(jhe\/ [le on Giard Gr, Jpat ot on F

I Tlﬁek/ must be onthe lLne L.



Exowq()[e Lo: F= \{—\(l => z;f—xl
+here 14 an [nteection

(/3 . J:X_z— =2 X~-LZ Poﬂ,\t at ;h{lmf{y £0:(’.0J



